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Abstract

It is studied how rank two pure subgroups of a torsion-free Abelian group
of rank three influences its structure and type set. In particular, the criterion
for such a subgroup B to be a direct summand of a torsion-free Abelian group
of rank three with the finite type set containing the greatest element which
does not belong to the type set of B, is presented. Some results for nil groups
and the square subgroup of a decomposable torsion-free Abelian group are
also achieved. Moreover, new results for mixed Abelian groups supporting
only associative rings are obtained. In particular, the first example of an
Abelian group supporting only associative rings but not only commutative
rings is given.
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